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Abstract: A preliminary study on a double-acting hydraulic cylinder subject to high-pressure
loading conditions (pressure = 350 bar) and with a bore diameter of 300 mm is presented. The
substitution of the reference steel cylinder tube with a multi-material tube is investigated. In detail, a
solution providing a steel thin inner liner wrapped by carbon composite materials is analytically and
numerically tested in terms of weight reduction. The composite lay-up design and the component
geometry are built to comply with manufacturing constraints for a relatively high-volume production.
The alternative multi-material cylinder is designed to ensure the same expected performance as its
steel counterpart. Firstly, the non-conventional hydraulic cylinder was designed by extending Lamé’s
solution to composite materials, by adopting the micro-mechanics theory of composites in order to
bear the maximum operating pressure by monitoring its radial and axial deformation. The selection of
the most appropriate carbon reinforcement was investigated. The influence of the stiffness-to-weight
and the strength-to-weight ratio of the reinforcement on the design is discussed. Secondly, finite
element analyses were performed to evaluate the occurrence of buckling and the modal response of
the actuator considering the fluid and of the cylinder own weight influence. The results confirm the
validity of the new cylinder tube design compared to the reference steel component. The proposed
barrel weights 80 kg compared to the 407 kg of the reference cylinder, with a weight reduction of
~80%. Furthermore, it has a compact design with a decrease of the barrel outer diameter of ~5.3%.

Keywords: double-acting hydraulic cylinder; composite materials; buckling load; modal analysis;
finite element method

1. Introduction

Weight reduction and fuel consumption optimization are challenging tasks during the design of
vehicles [1,2], both in the automotive and in the handling machinery area. These requirements have
traditionally been met by adopting innovative materials such as composites [3,4] and investigating
new engine architectures [5,6]. In fact, vehicles can be categorized as (i) light duty vehicles, e.g., cars,
SUVs; (ii) industrial heavy vehicles, e.g., commercial vehicles and vans; and also (iii) earth moving
machines, e.g., excavators and mobile platforms.

In the heavy vehicles contest, hydraulic actuators can be exploited to minimize both the overall
vehicle weight and to rationalize the weight of a prescribed component by increasing, for example, the
transportable loading of the vehicle itself [7–10] or by significantly reducing the mass of the ballast
required for vehicle stabilization.

Hydraulic cylinders are usually manufactured using traditional metals. In fact, high strength
steels are applied for the rod and the cylinder tube whereas the pistons are generally in aluminium.
The main aspects of the hydraulic cylinder design are described by Hunt et al. [11], Speich et al. [12],
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and Vullo [13], whose manuals provide guidelines for successfully designing such components. These
manuals present a comprehensive scenario of problems and targets that need to be considered when
designing the actuator, e.g., buckling analysis, strain and stress analyses, sealing performance, and
autofrettage investigation.

Buckling analysis and tribology problems between the ring seal piston and cylinder, and the
damping vibration in the traditional hydraulic cylinder [14] have been extensively investigated.

In 2005, Gamez-Montero et al. [15] evaluated the buckling instability considering initial
misalignment as an imperfection in the rod cylinder tube intersection. Their research defined
the influence of the misalignment angle and friction coefficient on the buckling load by both numerical
and experimental approaches. Baragetti et al. [16,17] presented numerical models to analyze the
buckling behavior of a double-acting cylinder. Their analytical and experimental models studied the
influence of the friction coefficient, the geometrical imperfections between piston and rod-cylinder
connections and the weight of the oil. A mathematical formulation, which accounts for the parameters
previously introduced, was given and compared to experimental data. The pressure distribution acting
on the wear rings was assumed in [17] to be triangular. This profile was probably suggested due to
the fact that one of the sides of the seal is subject to zero pressure. However, the results of Field and
Nau [18] indicate that the pressure profile along the contact zone remains essentially constant rather
than triangular. In the case of rectangular seals with rounded edges, the pressure distribution exhibits
lateral bumps for a frictionless contact whose values may be computed with the analytical approach
presented in [19]. Therefore, the initial hypothesis of the pressure distribution considered between
the seal and the piston rod of a hydraulic actuator influences the wear of the seals and the leakage of
the actuator. This aspect becomes relevant in an analytical formulation for misalignment condition,
see [16,17]. The interest reader is addressed to the work in for an overview of the sealing problems
that applies the theory of elastohydrodynamic lubrication an compares the numerical results with to
experimental data.

Experimental results on buckling occurrence were presented by Morelli for a telescopic actuator [20],
whereas Finite Element (FE) model was evaluated in [10] for a similar component made up of composites.
Several works [21,22] consider stroke and cushioning devices to reduce the piston-rod kinetic energy
during motion. The authors [21,22] also formed a mathematical model of hydraulic circuits to study
the supply pressure influence, and they evaluated alternative solutions.

With regards to the material aspects, thin-walled composite cylinders have been studied for
mechanical applications such as pressure vessels [23–26] and components that support energy
absorption [27–30]. Composite materials have been exploited in pressure vessels in order to store
chemicals [24,25]. These components were obtained by filament winding by coupling an inner liner
with an outer composite laminate. They are designed to contain the fluid working at high pressure
and occasionally, to carry partially the load. They also avoid the composite material corrosion. The
technological constraints for the filament winding process on the fiber orientation are discussed
in [31,32].

The possibility of using composite materials for hydraulic actuators seem to be meager; in fact, a
few contributions are noticeable, see [7–10]. In [7], the authors present an experimental test of hydraulic
actuators on static and fatigue cyclic pressurization and, also aspects regarding wear. In [8,10], a
methodology is presented for designing the cylinder tube and the rod in composites of a hydraulic
actuator, and the analytical results and the experimental data are compared. In [9], the feasibility
of a hydraulic cylinder in composites is investigated by numerical FE analyses. Static analyses are
exploited to investigate the stress and the strain field caused by oil pressure. In addition, the buckling
occurrence of the rod is analyzed. Optimization techniques have been applied to cylinder composite
stacking sequence and shape in order to increase the critical buckling load. In [10], a hydraulic actuator
made up of composites has been applied to a telescopic hydraulic cylinder where the weight reduction
is ~96% compared to the cylinder in steel, and it costs half of the steel counterpart.
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For a double-acting cylinder, cylinders manufactured by composites have been investigated that
do not exceed the bore diameter and the axial length of 200 mm and 1946 mm, working at maximum
operating condition of 380 bar, see [7].

The present work defines a methodology to evaluate a weight efficient alternative design for an
actuator with a bore diameter of 300 mm and an axial length of 2300 mm working at high pressure (350
bar). To the best of knowledge, no such methodology for an actuator of these dimensions has been
presented before, in the technical literature.

The paper is organized as follows. Section 2 analyses the reference steel actuator. A Lamé’s
solution [33] is obtained for orthotropic materials in Section 3, and the formulas developed for
composite thick-walled cylinder stresses and strains are presented. In Section 4, three types of fiber
were investigated and the composite lamina structural properties are illustrated. In Section 5, the
thickness of the composite cylinder tube is calculated by evaluating the required circumferential
and axial load-bearing requirements. The selection of the most appropriate carbon reinforcement
is analyzed, and the influence of the stiffness-to-weight and the strength-to-weight ratio of the
reinforcement on the design is discussed. In Section 6 advanced topics such as buckling and dynamic
behavior are discussed comparing the original solution and the composite replacement. The optimal
solution is a multi-material design component that adopts an inner and thin-walled steel liner and a
composite barrel 13.3 mm thick. This solution is particularly promising in terms of wear resistance and
reducing fatigue as a result of the inner metallic liner.

2. The Reference Hydraulic Actuator

Figure 1 displays the geometry of the title problem, and it clarifies the meaning of the main
components and the symbols adopted in the following. The material properties of the reference
hydraulic actuator are shown in Table 1. The cylinder tube represents ~51% of the overall hydraulic
actuator weight for the reference configuration, and the components of Table 2 are labeled as in Figure 1.
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Figure 1. The double-acting hydraulic cylinder assembly.

Table 1. Material properties for the reference hydraulic actuator.

Material Ultimate Strength
[MPa]

Yield Strength
[MPa]

Young Modulus
[MPa] Density [kg/dm3]

Aluminium, 7057-T6 510 500 70,000 2.7
Steel, 42CrMo4 900 550 210,000 7.8

Steel, S355 550 355 210,000 7.8



Appl. Sci. 2020, 10, 826 4 of 19

Table 2. Weight of the reference hydraulic cylinder parts.

ID Label Component Material Weight [kg] % Weight

1 Rod Steel, 42CrMo4 321 39.8%
2 Head Aluminum, 7057-T6 30 3.7%
3 Cylinder Tube Steel, S355 408 50.6%
4 Piston Aluminum, 7057-T6 24 2.9%
5 End cap Steel, S355 24 3.0%

Overall weight - 807 100%

The reference hydraulic cylinder tube is 150 mm in bore radius (ri), 172.5 mm in external radius
(re), and 2300 mm in length (L). The piston rod has a hollow circular cross-section where the inner
radius (rir) and the outer radius (rer) are 25 mm and 80 mm, respectively. The piston rod stroke is
1960 mm (Lr); the axial length of the piston (Lp) is 160 mm. The flanges at the extremities of the actuator
are in aluminium alloy 7075-T6. The nominal operating pressure is 35 MPa. In [8,9], the cylinder tube
was in S275JR steel, and it was designed for at 30 MPa and 35 MPa working pressure, similarly our
reference geometry. In [8,9], the cylinder bore radius was equal to 25 mm and equal to 70 mm, i.e., one
sixth and about a half of our component, respectively. The S275JR steel has a lower yielding strength
(σy = 235 MPa) compared to the S355 steel used in the present study.

The cylindrical coordinate system (r, θ, a) is adopted for the analytical formulation, and it defines
the radial, hoop, and axial directions, respectively, for a generic axisymmetric geometry, see Figure 2.
The cylindrical section of the component is internally pressurized, and it is represented by multiple
j-th layers whose radial thickness is equal to tφ. Since the reference actuator is in steel, it is considered
as a homogeneous and isotropic material and its cross-section consists of one layer 22.5 mm thick.
For composite material, the mechanical properties (e.g., strength and stiffness) are influenced on the
reinforcement orientation angle φ; therefore, this information is mandatory for the definition of the
optimal cylinder design in composite.
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The internal yield pressure (pi) of the reference steel cylinder tube was calculated using Lamé’s
solution for thick-walled vessels. The circumferential stress (σθ|r = ri) and the radial displacement
(ur|r = ri) at the inner cylinder radius were then evaluated accordingly. Results are shown in Table 3.
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Table 3. Reference cylinder tube stress and radial deformation at the first-yield.

Reference Cylinder Tube Structural Properties

pi 67 MPa
σθ|r = ri 483 MPa
ur|r = ri 0.359 mm

The first-yield condition represents a soft failure mode that precedes the catastrophic failure of the
component, which is associated with the fully yielded state at burst pressure. The first-yielded state
rather than the full yield was chosen for the following comparative safety analyses since the structural
steel yielding phase has only a weak counterpart for composite materials. In addition, limiting the
analyses below the first-yield threshold allows considerations based on linearity.

3. The Analytical Solution for Orthotropic Materials Adopting Lamé’s Approach

Material composite stiffness properties depend on the reinforcement orientation and reinforcement
volume fraction [31]. For a unidirectional (UD) composite ply, a scale factor λ between the Young’s
modulus in the principal reinforcement direction E1 and in the transversal one E2 can be defined as

λ2 =
E1

E2
(1)

The solution of the equilibrium and compatibility equations for the thick-walled composite vessel
under plane stress assumptions returns the radial displacement u(r) as the following function of the
radial position r,

u(r) = C1r−
1
λ + C2r

1
λ (2)

where the C1 and C2 constants may be calculated with the aid of the boundary values of the cylinder
radial stress (σr) at the inner radius (ri) and at the outer radius (re) of the cylinder, see Equation (3).

σr|r=ri = −pi
σr|r=re = 0

(3)

Thus, obtaining

C1 = −
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1
λ
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−
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(4)

where ν12 is the major Poisson’s ratio of the composite lamina.
The circumferential stress (5) and the radial displacement (6), as sampled at the inner cylinder

tube diameter where both the quantities peak, may be expressed as follows,

σθ|r=ri =
1
λ

r
2
λ
e + r

2
λ

i

r
2
λ
e − r

2
λ

i

pi (5)

ur|r=ri =
pi · ri

E1
·

ν12 +
1
λ
·

r
2
λ
e + r

2
λ

i

r
2
λ
e − r

2
λ

i

 = εθ|r=ri · ri (6)

Formula (6) also recalls the relation between the circumferential strain (ε θ) component at the
inner radius and the local radial displacement.
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In the problem under scrutiny, the inner radius and the operating pressure are imposed as design
constraints, whereas the material and the outer radius are free variables and they are selected in order
to ensure admissible values for (a) the peak stresses and (b) the radial compliance at the inner radius.

In the context of a technical feasibility study, a limited set of materials was selected, see Section 4
below. For each candidate material, a suitable outer radius (re) may be defined based on Equations (5)
and (6) as

re = ri ·

(
1 + max

(
2 · pi · ri

λ · E1 · ur|r=ri − pi · ri · (1 + ν12 · λ)
,

2pi

λ · σθ|r=ri − pi

))λ
2

(7)

where the inner radial displacement ur|r=ri and circumferential stress component σθ|r=ri are set at their
maximum allowable values.

4. Material Selection

In [8,10], a carbon reinforcement with a standard elastic modulus (Ef = 230,000 MPa) has been
adopted during the design of the cylinder tube; whereas in [9], a reinforcement characterized by an
intermediate elastic modulus (Ef = 300,000 MPa) was investigated.

In the present work, unidirectional ply is considered; where the reinforcement is continuous and
embedded in a thermoset epoxy matrix. Three types of fibre were investigated; the elastic and strength
properties for these selected fibres are shown in Table 4. The elastic modulus of the reinforcement (Ef)
ranges from 300,000 MPa to 620,000 MPa.

Table 4. The reinforcements and the matrix properties.

Continuous
Reinforcement Tensile Modulus Ef [MPa] Tensile Strength σf [MPa] Density ρf [g/cm3]

Intermediate Modulus (IM) Carbon Fibre 300,000 5500 1.80
High Modulus (HM) Carbon Fibre 440,000 4200 1.85

Ultra High Modulus (UHM) Carbon Fibre 620,000 3500 2.12

Matrix Tensile Modulus Em [MPa] Tensile Strength σm [MPa] Density ρm [g/cm3]

Epoxy 3800 100 1.22

The unidirectional fiber reinforcement lamina is considered to be orthotropic. The in-plane
elastic properties (E1, E2, G12, and ν12) of the lamina are evaluated by using the micro-mechanic
predictions [26] referring to the principal axes of orthotropy, see Table 5.

Table 5. The elastic properties of the unidirectional (UD) composite ply referred to the principal
directions of the lamina.

Lamina
Elastic Modulus
|| to the Fibre
Direction, E1

Elastic Modulus

Appl. Sci. 2020, 10, 826 7 of 19 

Table 5. The elastic properties of the unidirectional (UD) composite ply referred to the principal 
directions of the lamina.  

Lamina 
Elastic Modulus 
|| to the Fibre 
Direction, E1  

Elastic Modulus 
ꓕ to the Fibre 
Direction, E2 

In-Plane Shear 
Modulus, G12 

Major 
Poisson 

Ratio, ν12 

Longitudinal 
Tensile 

Strength, σ1 
Density, ρc  

Intermediate 
Modulus (IM) 
Carbon Fibre 

147,000 6870 3800 0.27 1500 1.50 

High Modulus 
(HM) Carbon Fibre 

235,000 6800 4000 0.27 1709 1.52 

Ultra High 
Modulus (UHM) 

Carbon Fibre 
380,000 6200 4090 0.27 2000 1.76 

5. Cylinder Tube Stacking Sequence Definition 

The two dominant structural requirements for the cylinder consist of (i) the retention of the 
pressurized fluid and (ii) the bearing of the axial load related to the double-acting nature of the 
actuator. 

The design of a suitable composite material stacking sequence for the cylinder wall is discussed 
in the Section 5.1 with regards to the circumferentially active layers—i.e., the unidirectional plies 
whose fibres are orthogonally oriented with respect to the cylinder axis (90° plies, ϕ = 90° see in Figure 
2); the sizing of the layers devoted to the support of the axial actions (0° plies, ϕ = 0° and the UD 
reinforcements are aligned with the cylinder axis, see in Figure 2) will be discussed in Section 5.2 
below. The highly specialized nature of the unidirectional Carbon Fibre Reinforced Polymer (CFRP) 
material justifies in fact the disjoint sizing of axially and circumferentially oriented layers. 

5.1. Design for Pressurized Fluid Radial Retention 

The dimensioning of the circumferentially oriented portion (called 90° plies) of the stacking 
sequence is driven by the fulfillment of three constraints. 

The main design constraint for the sizing of the circumferential plies cumulative thickness (t90°) 
is the thresholding of the circumferential stress value at inner tube radius; such constraint is reported 
as the first in the summarizing Table 6 below. 

Table 6. The three design constraints discussed in the present paragraph, for summarizing purposes. 

Design Constraint 
Inequality 

Formulation 
Prevented Failures Notes 

Upper limit on the 
circumferential stress value 1rr i

| σσ θ ≤=  Fracture of the circumferential 
lamina 

irr| =θσ from Equation (5) 

1σ from Table 5 

Upper limit on the inner 
radial displacement limrrr i

|u u≤=  Excessive leakage or piston 
misalignment 

irrr |u =  from Equation (6) 

limu from seal manufacturer 
requirements 

Upper limit on the inner 
circumferential strain ilimrrr i

|u rε≤=  
Low-cycle fatigue fractures of 

the steel layer in the 
longitudinal direction 

irrr |u =  from Equation (6) 

limε from Equation (8) 

CFRP pressure vessel and gas bottle walls are mainly dimensioned according to such constraint; 
steel cylinder actuators are also designed within the respect of an equivalent stress value, where the 
circumferential component prevails. 

However, a CFRP axial actuator tube designed according to this first constraint alone would 
suffer from an excessive radial expansion at the inner surface resulting in both seal leakage [35] and 
piston misalignment due to increased gap at the bearing bands. 

The lower stiffness to critical stress ratio of the CFRP material substantially worsens this 
shortcoming in the title design with respect to a construction steel counterpart, and it raises the 
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Direction, E2

In-Plane Shear
Modulus, G12

Major
Poisson

Ratio, ν12

Longitudinal
Tensile

Strength, σ1

Density, ρc

Intermediate Modulus
(IM) Carbon Fibre 147,000 6870 3800 0.27 1500 1.50

High Modulus (HM)
Carbon Fibre 235,000 6800 4000 0.27 1709 1.52

Ultra High Modulus
(UHM) Carbon Fibre 380,000 6200 4090 0.27 2000 1.76

The further out-of-plane elastic constants (E3, G23, G31, ν23, and ν31) for the lamina have been
evaluated by imposing the transverse isotropy assumption [26] and the Poisson’s ratio conditions are
detailed in [34]. The composites cylinder is design and manufactured by wrapping k unidirectional
plies. The j-th layer with a peculiar orientation angle φ has a thickness equal to tφ.
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5. Cylinder Tube Stacking Sequence Definition

The two dominant structural requirements for the cylinder consist of (i) the retention of the
pressurized fluid and (ii) the bearing of the axial load related to the double-acting nature of the actuator.

The design of a suitable composite material stacking sequence for the cylinder wall is discussed
in the Section 5.1 with regards to the circumferentially active layers—i.e., the unidirectional plies
whose fibres are orthogonally oriented with respect to the cylinder axis (90◦ plies, φ = 90◦ see in
Figure 2); the sizing of the layers devoted to the support of the axial actions (0◦ plies, φ = 0◦ and the
UD reinforcements are aligned with the cylinder axis, see in Figure 2) will be discussed in Section 5.2
below. The highly specialized nature of the unidirectional Carbon Fibre Reinforced Polymer (CFRP)
material justifies in fact the disjoint sizing of axially and circumferentially oriented layers.

5.1. Design for Pressurized Fluid Radial Retention

The dimensioning of the circumferentially oriented portion (called 90◦ plies) of the stacking
sequence is driven by the fulfillment of three constraints.

The main design constraint for the sizing of the circumferential plies cumulative thickness (t90◦ ) is
the thresholding of the circumferential stress value at inner tube radius; such constraint is reported as
the first in the summarizing Table 6 below.

Table 6. The three design constraints discussed in the present paragraph, for summarizing purposes.

Design Constraint Inequality Formulation Prevented Failures Notes

Upper limit on the
circumferential stress value σθ|r=ri ≤ σ1 Fracture of the circumferential lamina σθ|r=ri from Equation (5)

σ1 from Table 5

Upper limit on the inner
radial displacement ur|r=ri ≤ ulim

Excessive leakage or piston
misalignment

ur|r=ri from Equation (6)
ulim from seal manufacturer

requirements

Upper limit on the inner
circumferential strain ur|r=ri ≤ εlimri

Low-cycle fatigue fractures of the steel
layer in the longitudinal direction

ur|r=ri from Equation (6)
εlim from Equation (8)

CFRP pressure vessel and gas bottle walls are mainly dimensioned according to such constraint;
steel cylinder actuators are also designed within the respect of an equivalent stress value, where the
circumferential component prevails.

However, a CFRP axial actuator tube designed according to this first constraint alone would suffer
from an excessive radial expansion at the inner surface resulting in both seal leakage [35] and piston
misalignment due to increased gap at the bearing bands.

The lower stiffness to critical stress ratio of the CFRP material substantially worsens this
shortcoming in the title design with respect to a construction steel counterpart, and it raises the
thresholding of the inner radial expansion to a major design constraint, which is also reported in
Table 6.

In further contrast with the usual steel construction, the inner surface of the composite tube is
tribologically unsuitable to pair seals and bearing bands in sliding contact [35,36], even when the inner
layers are laid in direct contact with the mold.

A bonded inner steel liner is therefore employed to endow the sliding seals with a tribologically
suitable counterpart. The insertion of a thin steel liner was considered also [8] and sketched in Figure 1
of [24]. In Figure 2, the liner might be represented as the i-layer located at the inner radius, over which
the composite laminae will be stacked.

The thickness of the steel liner has been considered equal its minimum technologically allowable
value of 2 mm; lower values would create manufacturing difficulties in respecting tolerances and
surface quality, whereas higher values would unnecessarily increase the component weight.

The thickness of the steel liner is assumed infinitesimal in the pertinent structural calculations,
and it inherits the circumferential and axial strain values from the composite layer it is bonded to, i.e.,
the CFRP tube inner surface; those strains that are cyclic in nature due to the succession of loading
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cycles may damage the steel liner and they have to be bounded within allowable values. A third design
constraint in terms of admissible strains at the tube inner surface is hence to be considered, see Table 6.
The admissible strain value for the steel liner is quantified in the following.

Being the liner a non-load-bearing element, its yielding can be tolerated as long as strain induced
fractures do not appear. Such condition imposes not only that the instantaneous equivalent strain
remains below the material elongation at break, but also the avoidance of cyclical hysteretic plastic
loops and of the consequent low-cycle fatigue fractures. This latter condition is more stringent.

Figure 3a represents the hysteretic loop for an elastic perfectly plastic liner steel material, subject
to cyclic circumferential strains ranging from 0 to εpeak; as usual, σy is the material yield stress and
the E steel Young modulus rules the slope of the elastic loading/unloading lines. The hatched area
represents the density of plastic strain energy locally dissipated each settled loop.
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As pointed out in the elastic-perfectly plastic stress strain curve in Figure 3b, a limit peak strain
value (εlim) exists such that, besides a first loading cycle in which yielding occurs, further cycles do not
accumulate additional plastic strains. Such εlim strain value is associated to the limit condition of a
null-area (i.e., null plastic strain energy density) hysteretic loop, and can be evaluated as follows.

εlim = 2 ·
σy

E
(8)

Longitudinal fractures induced by the low-cycle fatigue are assumed not to occur in the steel liner
if its strain levels are bounded below the εlim value under operating conditions, i.e., if inner radial
displacement of the CFRP tube remains below εlim ri, see Equation (6).

Table 6 summarizes the three design constraints described above.
Figure 4 compares the different UD CFRPs on the radial displacement at the inner cylinder tube.

Only the ultrahigh modulus (UHM) carbon fiber reaches the radial stiffness of the reference steel
cylinder tube, with a feasible wall thickness of 13 mm. The condition that bounds the minimal thickness
of the composite tube (at the point marked by a cross, in Figure 4) is the liner circumferential strain
permitted, whereas the thickness of the steel tube is limited by its yielding (σy).
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Considering the present component, in the case of UHM fiber the minimum 90◦ ply thickness
required for bearing the inner pressure is 5.3 mm, whereas the original steel wall thickness is 22.5
mm. The thickness of the steel liner was considered equal to 2 mm in accordance with the minimum
technological manufacturing process allowable to ensure both the geometrical and the surface finishing
tolerances required.

5.2. Design for Axial Load Retention

For the present hydraulic component, the axial load (Pa) is due to pressure pi acting on the head
while pulling, or on the pushing piston when retained at full stroke in the absence of position-limiting
valves. Such loads can be, respectively, evaluated by referring to the cross where the pressure acts,
as follows,

pα = pi ·
(
r2

i − r2
er) · π (9)

or as
Pa = pi · r

2
i · π (10)

where rer is the rod outer radius.
The 0◦ axially oriented ply amount is defined by the minimum cross section area A0◦ required

in order not to overcome the longitudinal tensile strength of the material. For instance, this value σ1

corresponds to the strength of the unidirectional ply parallel to the reinforcement on the principal
orthotropic system.

Unlike the circumferential case, the steel liner could be isolated from the composite tube axial
deformation through an antifriction coating; however, this solution was not adopted in the present
test case. The composite cylinder tube axial strain (εlim) has to be limited as well to preserve the inner
bonded steel liner. Therefore, the required amount of axially oriented unidirectional plies can be
calculated as follows.

A00 = max
(

Pa

σ1
;

Pa

εlim · E1

)
(11)

Since circumferential retaining plies become less effective if stacked on an increasing thickness of
material, it is advisable to wrap the axial plies over the outer circumferential layers. Unfortunately,
due to manufacturing and technological constraints, circumferential and axial UD plies need to be
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alternated, or an unbalanced fabric has to be used. The required axial ply thickness was evaluated as
2.0 mm using the UHM fiber.

Therefore, by adopting the present methodology, the composite cylinder tube in UMH fiber that
satisfies both the radial stress due to pressurization and the axial load detention due to the piston
pushing and pulling requires a minimum overall thickness of 7.3 mm, reported in Table 7 as Case
A. The optimal solution that introduces the inner steel liner is 13.3 mm thick named as Case B. It is
composed of the steel liner (t liner = 2.0 mm) and 7.3 mm of UHM UD plies obtained as the sum of the
plies required with the reinforcement aligned to the cylinder axis (t 0◦ = 2.00 mm, φ = 0◦ see Figure 2)
and to the hoop direction (t90◦ = 5.3 mm). Case B is the most promising and compact solution in lieu of
22.5 mm of steel shell as in the reference assembly.

Table 7. The thickness of plies and of the inner liner subdivided by orientation angle φ, adopted for
the test cases studied for the composite cylinder tube.

Case t 0◦ [mm] t 90◦ [mm] t ±45◦ [mm] t liner [mm]

A 2.0 5.3 0.0 no liner
B 2.0 5.3 0.0 2.0
C 2.0 5.3 2.0 2.0
D 2.0 5.3 4.0 2.0

The composite solution that either omits or considers the liner is referred to as Case A and Case
B, respectively.

Cases C and D are also introduced in Table 7; they derive from Case B with an addition of UD
plies oriented at ±45◦, see Figure 2, this aspect will treat below.

6. Buckling Loading Conditions, Dynamic Modal Targets and Radial Deformation of the
Cylinder at the Piston Locus

The radial deformation of the cylinder with the piston movement, buckling phenomenon, and
dynamic natural response represent three main design targets for a hydraulic cylinder. In this section,
these structural requirements are discussed in the light of the application of CFRP orthotropic materials
by FE analysis using the commercial, closed source solver MSC.Marc2017.1. The modeling details are
given below.

6.1. The Radial Deformation Analysis

The composite cylinder tube allows a greater radial expansion than its steel counterpart, especially
when the wall thickness is kept minimal and UHM fiber is not used; this compliance reduces the
effectiveness of the piston-bearing bands and sealing. However, the event of the pressure asymmetry
needs to be considered since only one chamber is pressurized at a time.

Simplified linear FE analyses show an S-shaped wall deformation centered at the sealing point,
with small overshoots due to the plate bending stiffness.

The reference steel geometry and the multi-material cylinder named Case B as shown in Table 6
were investigated. The modeling of the composite cylinder was obtained by superposition on the
structural requirements previously discussed. This solution consists of (a) a metallic liner (tliner =

2 mm) and (b) UHM composites plies (t90◦ = 5.3 mm and t0◦ = 2.0 mm). The cylinder tube stacking
sequence was modeled by homogeneously distributed regions along its thickness; the circumferential
plies are alternated by the axial plies, and the stacking sequence is as follows [liner, 0,90,0,90,0,90,0,90,0]
moving from the inner cylinder radius to the outer radius.

The elements adopted to discretize the barrel are four-noded, quadrilateral, isoparametric elements
for axisymmetric applications (element type = 10, see [37]) with 15 elements along the wall thickness
with an average size equal to 1 mm. The material properties of the reference cylinder and of the
composite counterpart are reported in Tables 1 and 4.
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Both the reference and the multi-material cylinder were loaded at the inner radius for a half of
their axial extent by the burst pressure pi equal to 67 MPa.

Figure 5 shows the radial deformation of the cylinder collected at the inner radius of the cylinder
(ur|r = ri, s), normalized with respect to the radial deformation evaluated far from the loaded-unloaded
transition cross-section at the inner radius of the cylinder (ur|r = ri, s = ff) along the cylinder axial extent
(s). The parameter s is null at the mid-span axial length of the cylinder; the pressurized chamber
appears on the right-hand side of Figure 5.
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The normalized radial deformation decreases asymptotically to zero moving within the unloaded
portion and increases to the value returned by the Lamé’s solution moving within the loaded portion. It
is clear that the sealing acts on a cylinder section where radial deformation is half its asymptotic value.
The maximum value of the normalized radial deformation of both the reference and the multi-material
cylinder are comparable.

The radial inflation also decreases more rapidly in the composite Case B; the piston-bearing band
on the unloaded side pairs an almost undeformed cylinder section.

6.2. The Bucking Analysis

Analytical and experimental investigations have been developed to study the critical buckling
load of hydraulic cylinders. In the present paper, the hydraulic cylinder was modeled in analogy with
the approach proposed in ISO standards [38] and based on Hoblit’s method [39].

However, a FE model was used rather than the analytical formula in order to consider the relevant
shear deflection of the composite tube, due to the orthotropic behavior of this class of materials.
Although the ISO norm assumes that the axial load is transmitted through the tube during the pushing
phase, whilst in the actual working operation, such load is supported by the constrained fluid, and the
composite barrel is relieved from the compressive load, retarding buckling incipience.

Comparative analyses were conducted following the ISO approach, which can be pragmatically
described as a fixed-end pipe of length, connecting two rigid and rigidly supported tanks ([40], p. 37).

The mounting case method was modeled by FE as a pin-mounted hydraulic cylinder, where the
cylinder cross sections at the piston location and at the further head cap extremity are assumed to be
rigid, and the relative boundary conditions are presented in Figure 6.
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It is worth to be noted that the actuator rod is laterally supported by the cylinder at the head cap
bearing and at the piston mid-point. The axial load is transmitted from the rod end to the cylinder end
and a frictionless contact between the cylinder and the piston is considered.

The FE analysis of the cylinder tube was performed by adopting bilinear, four-noded shell
elements (element type 75, see [37]) whereas beam elements (element type 98, see [37]) were used for
the piston rod. The formulation of both the shell and beam elements included transverse shear effects.

In line with the cylinder axial direction, a fine mesh of the cylinder itself at the piston location is
used; in fact, the average shell elements size is 10 mm. A coarse mesh of 40 mm was used to discretize
the remaining part of the cylinder. In the circumferential direction, for the overall cylinder length, the
component was meshed by 25 elements.

In addition, the beam elements, applied for the piston rod model, exhibit a uniform average size
equal to 25 mm. A lateral view of actuator is illustrated in Figure 5, where both the fine and the course
mesh of the cylinder is shown.

The cylinder tube stacking sequence in composite was defined by homogeneously spreading the
composite plies along its thickness. In fact, the circumferential plies are alternated by the axial plies,
similarly to the model presented in the previous Section 6.1.

For instance, the composite stacking sequence of Case D was modeled by considering 17
iso-stacking sequence regions. From the inner radius of the cylinder, the plies are stacked as follows:
1st stack) the inner metallic liner, 2nd–16th stack) the quasi-isotropic stacking sequence [0, −45, 90,
+45]4 and 17th stack) 0 ply.

The steel layer was inserted at the cylinder inner radius for Cases B–D and was omitted in the test
Case A for comparison, see Table 7. It appears evident from Figure 7 that in the case of the bare 0◦/90◦

stacking sequence, Case B, a local and critical shear deformation occurs between the two rod support
points, significantly lowering the buckling critical load with respect to the reference steel assembly
(Table 8). For the reference actuator in steel, the pressure at which the buckling occurs is lower than the
burst pressure; therefore, for the further FE analyses (e.g., the dynamic forecasts), the models will be
loaded at the testing pressure prescribed for this component (42 MPa).

Table 8. The result of buckling analysis.

Case Cylinder Tube Radial
Thickness [mm] Weight [kg] Critical Pressure

[MPa]
Maximum Rod

Deflection [mm]

A 7.3 29 18.4 0.029
B 9.3 63 43.8 0.018
C 11.3 72 48.9 0.000
D 13.3 80 51.1 0.000

Reference 22.5 408 60.3 0.013

The shear and localized deformation of the cylinder, at the mating area of the cylinder with the
piston, could be monitored and reduced by introducing plies with a ±45◦ orientation angle (φ) and by
reinstating the steel liner as shown in Figure 8. A local outer reinforcement can also be introduced.
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B, (c) C, and (d) D (magnitude factor × 5000).

The buckling condition of the reference cylinder is achieved by increasing the liner thickness from
2 mm to 6 mm, and by considering the axial plies from 2.0 mm to 7.0 mm, imposing that the thickness
of hoop ply is equal to 5.3 mm.

The weight saving due to the composite choice wears significantly thin, and the overall thickness
of the component is comparable to the reference solution and loses the compactness advantage of the
Case D solution as shown in Table 7.

A comparison of the total deflection of the connecting point of the cylinder tube and piston rod
shows that Case B is more compliant than the reference actuator. However, by increasing the 45◦ plies,
the deflection becomes lower than the reference one, and for Cases C and D, it is almost null.
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6.3. The Effect of the Fluid Weight on the Misalignment Actuator Condition

Before applying any loading conditions, one of the main input factors acting in a hydraulic
cylinder is the deflection of the cylinder due to its own weight and the fluid weight, [15]. This tiny
deflection leads to an initial misalignment on the cylinder tube and piston-rod assembly.

To analyze the influence of the axial pushing load under this misaligned condition, a FE analysis
was performed. This simulates the actuator loaded by its own weight and the fluid present in the
pressurized chamber, in a pin mounted horizontal configuration, at the pushing load exerted at the
testing pressure (42 MPa).

The model setup presented in the previous Section 6.2 has been used. The weight of the fluid
was therefore evaluated by referring to the mineral base oil Tellus S2 (ISO VG46), where its density is
assumed to be 872 kg/m3. The overall weight of the fluid within the cylinder at the maximum extension
of the piston rod thus becomes approximately 132 kg.

Since the density of the oil is known, its weight has been modeled by the evaluating the equivalent
nodal forces, acting along the Y-direction, of the cylinder oil chamber discretized by the course mesh,
see Figure 7.

The actuator own weight was mimicked by using a gravity and distributed load applied to the
elements of the entire model, where the gravity acceleration is imposed equal to 9.81 m/s2 and it acts
along the Y-direction.

The buckling FE analysis adopts the boundary conditions previously presented and summarized
in Figure 6.

The results obtained for the reference and the composite cylinder Case D are presented below.
The stress field, occurring at the piston rod, due to the cylinder’s own weight and the fluid weight,

was evaluated by considering the geometric nonlinearity due to the large rotation hypothesis. In
other words, the equilibrium equations are determined by updating the deformed configuration of
the structure uploading the stiffness matrix proper of the present FE problem. The pushing load has
been gradually increased (100 uniformly spaced steps), and for each load level the Newton–Raphson
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iteration has been performed up until the relative errors on both the incremental displacements and
the residual nodal equilibrium forces fell below the 1%� threshold.

The bending stress (σMf) and axial stress (σN) values of the rod were calculated by collecting the
bending moment and the axial force on the steel rod, for both the reference steel cylinder and the
multi-material composite cylinder Case D. The compressive axial stress at the rod is constant on the
two configurations and is equal to −163.64 MPa.

Under the assumption of small strain deformation, the hydraulic actuator with the composite
cylinder presents a lower bending stress with respect to the reference, approximately −50%. In fact, the
decrease in bending stiffness of Case D—raised by the buckling analysis above—is compensated by
the reduced weight (approximately −80%). However, due to misaligned axial load, the increase in
stress also appears to be relatively small between the actual and the composite solution.

On the other hand, considering the non-linear effect due to the large rotation assumption, the
bending moment at the piston-rod increases from 12 MPa up to 37 MPa for the reference configuration,
and from 8 MPa up to 45 MPa for the multi-material solution. The bending stress achieves 22.6% and
26.0% of the axial force (σN) for the reference and the composite Case D solution, respectively.

In addition, the bending stress at the rod of Case D is higher than the steel counterpart, and this
solution exhibits a more compliant bending deformation as shown in Table 9. In comparison, Figure 8
shows the deformed configuration of the cylinder tube, while pushing under its own and the fluid
weight for the linear and non-linear solutions.

Table 9. The stress values and maximum deflection at the rod.

Case σMf Considering Small
Strain Assumption [MPa]

σMf Considering Large
Rotation, Non-Linear

Condition [MPa]

Max. Piston-Rod
Deflection, Small Strain

Condition [mm]

Max. Piston-Rod
Deflection, Non-Linear

Condition [mm]

D ±7.98 ±45.15 −0.95 −5.24
Reference ±12.14 ±36.94 −1.11 −3.59

6.4. The Dynamic Response

A dynamic modal analysis of the hydraulic cylinder was performed by FE to compare the
lateral and bending modal responses of the structure including the fluid weight in a pin-mounted
configuration, see Figure 4.

The most promising stacking composite sequence calculated for the buckling critical situation
(i.e., Case D) was evaluated for the modal analysis; the mesh quality and the model setup have been
analogous to the model presented in Section 6.2, and the density of the materials are summarized in
Tables 1 and 4. The pushing load at the rod free extremity has been omitted for the intrinsic formulation
of the modal problem.

The FE simulation shows that the composite (18.13 Hz) has a higher frequency than the steel
cylinder (17.26 Hz), since the reduced inertia effect compensates the loss in stiffness.

An additional modal analysis has been performed in cascade to the cylinder deformation state
obtained by pre-loading the piston rod with the pushing load at the testing condition. To the best of
knowledge, no such models are traced in the pertinent literature.

The first modal shape corresponds to a bending mode; however, the composite solution exhibits
the first natural response of structure lower that the reference solution. At this condition, there was a
significant decrease in the modal frequency, as shown in the Table 10, due to the misalignment and
perturbated deformation state.

Table 10. The modal response of the actuator considering or neglecting the initial deformation due the
pushing load.

Case 1st Frequency, Modal Analysis [Hz] 1st Frequency Considering the Preloaded Configuration [Hz]

Reference 17.26 9.58
D 18.13 7.66
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In conclusion, Case D is the optimal barrel in composite able to replace the metal reference cylinder.

7. Conclusions

This paper has described a method for designing double-acting hydraulic cylinders with a cylinder
barrel made of a carbon fiber composite. This material leads to a significant reduction on weight. In
fact, weight is a key feature in various structural applications. Reference properties were calculated
using the Lamé’s solution for thick-walled vessels. The equivalent composite cylinder tube and its
optimized stacking sequence were evaluated separately considering each component of the stress
tensor the cylinder is subjected to.

The hoop stress depends only on the internal pressure, and so do the number and thickness of
the circumferential plies. A comparison between different carbon fibers showed that UHM fibers are
the most suitable for this specific application. Although resistance mainly depends on the carbon
reinforcement, strain is reduced by using an appropriately sized the steel liner. Due to technological
and manufacturing limitations, the smallest feasible thickness for the liner is 2 mm.

The axial stress is caused by the internal pressure and bending effects. Although the total thickness
depends on the total amount of axial stress, the reciprocal arrangement between the plies at 0◦ and 90◦

is due to technological constrains.
With respect to the buckling behavior, four composite stacking sequences were compared to the

reference by performing FE simulations. The results of Case D, which also features ± 45◦ plies in order
to confine local deformation, are comparable with the reference.

In conclusion, the composite cylinder was found to be equivalent to the reference cylinder for the
modal analysis response.

The weight saved by adopting the cylinder assembly using composite material instead of steel is
over 330 kg, ensuring the same structural performance.

Further improvements should focus on the piston-rod design, which affects ~40% of the overall
weight of the cylinder assembly. The present methodology and the hydraulic–mechanical efficiency
of the cylinder might be validated by performing experimental measurements of the strain field
and of the tribological aspect between the seals and the piston-rod; in addition, measurements
of buckling occurrence will be required both in laboratory and during actual operations as
in [7–9,15,41,42], respectively.
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List of Symbols:

A0◦ minimum cross section area for 0◦ ply
C1, C2 constant
εpeak, εlim the peak and the limit strain value
E Young’s Modulus for isotropic material
E1 longitudinal Young’s Modulus
E2 transversal Young’s Modulus
E3 radial Young’s Modulus
Ef fibre Young’s Modulus
φ orientation angle of the ply
G12 in-plane Shear Modulus
G23, G31 out-of-plane Shear Moduli
L cylinder axial length
Lp piston axial length
Lr rod stroke
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Λ scale factor
k number of plies
ν12 major in-lamina plane Poisson’s ratio
ν23 out-of-plane plane Poisson’s ratio
ν31 out-of-plane plane Poisson’s ratio
pi cylinder internal pressure
Pa axial load
re cylinder outer radius
rer rod outer radius
ri cylinder inner radius
rir rod inner radius
ρc density of the ply
ρf fibre density
ρm fibre matrix
s local axis along the cylinder axial extent
σ1 ply tensile strength along the longitudinal direction
σMf bending stress
σN axial stress
σr radial stress
σθ circumferential stress
σy yield stress
tφ thickness a φ oriented ply
ur radial displacement
1, 2, 3 principal axes of orthotropy
r, θ, a cylindrical coordinate system
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